where the a k 's are real and ^2k <h 2 is finite, 6 is real, and c is real and non-negative. Conversely every function of the form (2) is the Fourier transform of a variation diminishing *-kernel. See [8] and [9] .
In the present note we will sketch an analogous theory in which certain convolutions of functions on (0; oo), associated with Hankel transforms replace the convolution (1).
Let 7 be fixed, 0^7. We define
M (a) = tf2rH/ 2 7+i/2 r ( 7 + 3/2).
Let L be the set of measurable f unctions ƒ (x) on (0, 00) for which So \f(%)\dv( x ) is finite. For f£L we set
where ^4 (#, y, z) is the area of a triangle whose sides are x, y, z if there is such a triangle and otherwise is zero. If f(x) and g(x) are defined on (0, oo ) then we formally set
D(x, y, z)dp(y)dp(i
•/ 0
).
It can be verified that if ƒ, gEI< then ƒ # g£L and (ƒ # g) A =ƒ* -g* ; that is, the Hankel transform (3) behaves in regard to the convolution # exactly as does the Fourier transform with regard to ordinary convolution * on the real line. This convolution associated with the Hankel transform was discovered by Delsarte [3] 
V[H#+]£ V[*]
for every continuous bounded function xf/ on (0, oo ) will be called a variation diminishing #-kernel. Our principal result is the following.
THEOREM. If H(x) is a variation diminishing #-kernel then H* (t) is of the form

<«
["?o The demonstration of this result follows very closely the pattern established by Schoenberg. It is to be noted that for 7 = 0, this theorem is contained in Schoenberg^ theorem as a special case.
Many important integral transforms can be reduced to the form ƒ =G * <j> where G is a variation diminishing *-kernel. Such transforms have a very extensive theory which is the subject of a book by D. V. Widder and the author [7] , It is evident that a parallel development can be carried through for the transforms g^=H#y{/. See also in this connection the paper by Fox [5] ,
